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Meson Theory of the Magnetic Moment of Proton and Neutron

J. M. JaucH
Palmer Physical Laboratory, Princeton University, Princeton, New Jersey

(Received March 8, 1943)

The magnetic moment of proton and neutron is determined by a second-order perturbation
calculation. A new limiting process secures the convergence of the integration in momentum
space. The result for both pseudoscalar and vector meson is the same and leads to a positive
magnetic moment for the neutron if the magnetic moment of the vector meson is assumed to be
one meson magneton (e#/2uc). Agreement with the known values of the magnetic moment of
the heavy particles can only be obtained if we give the vector meson an anomalous magnetic

moment of about three meson magnetons.

1.

HE relativistic wave equation of particles
with spin  leads in a natural way to a value

of the magnetic moment of one magneton
(eh/2mc), where m is the mass and e the charge of
the particle. In the case of proton and neutron the
magnetic moments differ appreciably from the
values which they should have according to this
theory. Measured in units of nuclear magnetons
the experimental values for these moments are:

pp=+2.78540.02
for the proton! and
wn=—1.93540.02

for the neutron.? The minus sign in the case of the
neutron indicates that the spin points in the
opposite direction of the magnetic moment.

It was pointed out by Kemmer® and others*
that the meson theory of nuclear forces would
also lead to anomalous magnetic moments of the
nucleons, due to the virtual emission and re-
absorption of mesons by the nuclear particles.
Unfortunately a second-order perturbation calcu-
lation leads to divergent integrals. This diver-
gence difficulty was dodged by cutting off the
integrals suitably, which is equivalent to intro-
ducing a finite size of the nucleon.

This procedure, however, is highly unsatis-
factory for two reasons:

1 Kellogg, Rabi, Ramsey, and Zacharias, Phys. Rev. 56,
728 (1939). -

2 L. W. Alvarez and F. Bloch, Phys. Rev. 57, 111 (1940).

3 N. Kemmer, Proc. Roy. Soc. A166, 127 (1938).

4 Frohlich, Heitler, and Kemmer, Proc. Roy. Soc. A166,
154 (1938). H. Frohlich, Phys. Rev. 62, 180L (1942). The
result announced in this note, that the pseudoscalar meson
gives no magnetic moment, is incorrect. I am indebted to
Professor Froéhlich for correspondence on this point.

(1) It introduces an arbitrary constant into
the theory, the physical significance of which is
not quite clear.

(2) It destroys the relativistic invariance of
the theory.

In spite of these grave objections one feels that
the meson theory of the magnetic moment is
essentially correctand thata theory of interaction
of nucleons with the meson field, formulated in
such a way that the divergence difficulties disap-
pear, should give the correct value for these
moments.

Recently a theory was proposed by Dirac® for
the interaction of an electron with the electro-
magnetic field, which avoids all divergence diffi-
culties for that case. The theory consists of two
essentially different parts. The first part is the so-
called N-limiting process, first investigated by
Wentzel.® It is essentially a classical procedure
and consists of using the difference of retarded
and advanced potential at the position of the
particle. Dirac showed” that the A process may
best be introduced in quantum mechanics by a
change in the commutators of the field quantities
entering into the interaction energy.® In this form
the procedure may easily be generalized to
charged fields with rest mass different from zero.

The integral which causes the divergence of the
meson theory of the magnetic moment is the
integral

0
k*/ (k*+p?)*dk
0

5P. A. M. Dirac, Proc. Roy. Soc. A180, 1 (1942).
( 6 G3 Wentzel, Zeits. f. Physik 86, 479, 635 (1933); 87, 726
1934).
7P. A. M. Dirac, Am. de I'Inst. H. Poincare, 9, 13 (1939).
8 For a detailed account see an article by W, Pauli, to be
published in the Rev. Mod. Phys.
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MAGNETIC MOMENT OF

with u=meson mass. This integral will be made
convergent with the N\ process. We must, how-
ever, remark that this integral occurs only if a
second-order perturbation theory is applied and
if the mass m of the heavy particle is infinitely
large. In higher approximations in the coupling
constant and in u/m other integrals will appear in
addition to this which no longer converge with
the N process alone. In general only integrals
which for large values of k behave like

f k*dk

with # integer will be made to converge with this
method. A limitation to a second-order pertur-
bation treatment would not be justified if such
higher order divergent terms remain.

In order to make the other integrals converge,
Dirac has introduced another kind of field oscil-
lator corresponding to states with negative
energy and quantized according to an indefinite
metric in Hilbert space.® Dirac has shown that
the two methods lead to the elimination of all
divergencies in the quantum theory of fields.
Serious interpretation difficulties still remain,
however.

It may easily be seen that the higher order
terms lead always to integrals of the form®

] R(ko, B)dk
Jo

with a rational function R(k,, k) for the integrand
containing only even powers of k. The introduc-
tion of the negative energy oscillators changes this
integral into the form

%waR(ko, E)+R(—ko, k) Jdk

and this is sufficient to make all the remaining
integrals occurring in this perturbation treatment
converge.

The calculation of the magnetic moment due
to the meson field with this method leads to a
positive value for the neutron both in the
pseudoscalar and the vector theory. This is in
disagreement with the experimental result. Only
by making use of the possibility that the vector

¢ This is not true for the theory of holes, where integrals
of the form f'dk/(k2+m?)* occur, which are logarithmically
divergent, even in this theory.
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meson may have a magnetic moment different
from one meson magneton can agreement with
the experiment be obtained. The contribution of
the meson field to the magnetic moment has then
a certain value M which is positive for the proton
and negative for the neutron, so that we shall
have for the magnetic moment of these particles

MP=1+M1 _M

By choosing M~ +1.9, agreement with ex-
periment will be obtained within the limits of our
approximation.

The objection may be raised that this assump-
tion of an anomalous magnetic moment of the
vector meson introduces a new constant into the
theory and we stand where we were before. The
situation is, however, not quite so bad. We must
bear in mind that we have introduced the new
parameter in a way which does not destroy the
relativistic invariance of the theory. Moreover,
the constant has a definite physical. meaning,
namely, the magnctic moment of the vector
meson, which may be checked with an experi-
ment, deciding for or against the theory here
presented.

Bn=

2. THE PSEUDOSCALAR THEORY

In the following we often use one single letter
“a’" for a four vector with components a,. Here
a—a’c is the space part of the vector. The invari-
ant scalar product of two four vectors shall be
denoted by (a, b) = (a, b) —a’’=a.a*. (ag= —a’.)

Charged particles of spin zero are described by
a complex field ¥ (x) satisfying the field equation

(W—uy=0,
where u is the meson mass in units %/c and

[[]=0%/dx*dx,. It is quantized according to the
commutation rules

i[¥(x), ¥*(x") J=D(x—x'), 1)
where D(x) is the invariant D function defined by
D(x, x°)—<-2—)—3f ——exp [2(k, x) ]sin k%°, (2)

ko= + (B2 +u2)h.
The operator for the current density vector is

dx+ ax"

3)



336 J. M.

and the total magnetic moment of the field

e
Muv=5 f(x#sv—‘xvsu)daxv (4)

where the positive number “‘¢”’ is the magnitude
of the charge of the mesons in units (%c)?.

For our calculations it is somewhat more con-
venient to introduce two real fields ¢, and ¥, :

1 1
1,0:5(1//1——1\02), P* =\72_(¢1+i¢2),'

for which we have the commutation rules
1[Ya(x), Ya(x") 1= 8asD (x —&). ($)

The spin dependent interaction of the heavy
particle with the coordinates z may be written!?

H'=g(4r)ir,(o, grad)y.(s). (6)

The 7, represent the matrices for the isotopic
spin and o= (01, 02, 03) is the ordinary spin
vector. They satisfy the equation

Ce 0102 = —O0201=103, * " *

2=

TIT2= —TT1=1T3,

(7)

together with all the other equations which can
be obtained from them by cyclic permutation of
the indices. The summation over « is extended
over the two indices =1, 2. In the symmetrical
theory there is a third real field ¥; present repre-
senting the neutral mesons, and the summation
goes then over all three indices. Since neutral
particles do not contribute anything to the cur-
rent and to the magnetic moment, we can restrict
ourselves to the first two indices.

The interaction energy contains only the non-
relativistic part of the heavy particles. This ap-
proximation can be made since we are only
interested in the effects which are of highest order
in u/m, and they are independent of m. This
amounts to setting the mass of the heavy particle
infinitely large, and then relativistic effects of the
heavy particle are of course unimportant. The
mesons, however, are treated relativistically all
through the calculations. The interaction term in

T1 "'=0'32=1,

10 In the complex notation this term corresponds to the
expression

H'=g(8n)i[r_(e, grad)y*+r.(0, grad)y]

with 7.=1/2(r12k7r5). Our g is therefore V2 times the
coupling constant which is usually used in the literature.

JAUCH

the Hamiltonian leads to an additional term in
the current so that the total current now is!

su=(0¢1/9x*) Yy — (992/9x*)¢1
+g(dm)io.(ro1— Tid2) 6(x—2). (8)

We develop the field operators into eigenstates
in momentum space

1 % o
ng{%(k)e”’ ) |
+eoa*(K)emi® 2. (9)

This definition of the ¢.(k) and ¢.*(k) is useful
since they are constant operators if there is no
interaction between heavy particles and field. In
case of an interaction they are slowly varying
according to the law!?

d@a/dx=i[H', oo ]. (10)

From (1), (2), and (9) it follows that the
commutation rules for the ¢, (%) are

[ea(k), os* (k) ]=k%8p0(k—K'),  (11)

. from which it follows in the well-known way that
Na(k) = (1/%°) pa* (k) ¢u (k)

has the eigenvalues 0, 1, 2, - - - and represents the
number of mesons in the state (o, k).
The interaction energy is

Volx) =

. d%
" =7'f7af ﬁ(o, k)
X { pa(k)ei® 2 — o *(k)e~ith )}

f=g/2m.

The X process may be introduced, as Dirac!?
has shown, by a change in the commutation rules
of the field operators which enter into the inter-
action energy. In x space these commutation
rules may be written

ia(x), Yo(x") ] = busDr(x—x"),  (13)
Dax)=3DE+N+DE—N}.  (14)

A= {2, N} isa time-like four vector, (\,X) <0, (15)

(12)
with

where

11 See W. Pauli and S. M. Dancoff, Phys. Rev. 62, 105
(1942). There would be a third term in the total current due
to the proton which, however, in our approximation is zero,
since the velocity (although not the momentum) of the
nucleons is zero.

2 See W. Pauli, Rev. Mod. Phys. 13, 210 (1942).

13 P, A. M. Dirac, Ann. de I'Inst. Henri Poincaré 9, 13
(1939).
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which ultimately goes to zero in such a way that
the inequality (15) is always satisfied. If A
transforms like a four vector, then the scheme is
evidently relativistically invariant. In & space the
introduction of the A process shows itself in the
commutation rules

[;a(k)’ ;5*<k,)]:k06a66<k“k,) Ccos (kv )‘)

which follow from (13).
A possible representation of the p.(k) in terms
of the ¢.(k) is given by

(16)

(k, \)

—sin ——
2

Fell) = () (cos (k) }

(&, \)

k, A
et () = %*(k>[cos n (-—-)}

The quantities which depend on the field alone
remain unchanged.’* For instance, the magnetic
moment may be written

(1) (2)
an M;w +Muv ’
oy
2_—%)
ox?

a e 2
Z {Z y == f { X (__
) g é)x”ll/

17)

ax# oxH
f f a3 a’’
4(21r)3 < lo lo

X[{er(Meit » — or*(e=ith =)}
X {oa()e ! 2+ @p(l')e i 9}

—sym. (12)]-sym. <w>>, (18)

where sym. (uv) stands for the preceding expres-
sion with the indices u and v interchanged.

1
v2(2m)}

2)

e
My, =~g(41r) (8400 — 2004)

d*k - )
Xf ";3[:72{ e1(k)eit 2

+er*(k)em it 2} —sym. (1,2)]. (19)

The first of these two expressions may be
simplified by replacing x, by a differentiation of

4 This definition of the adjoint operators of the o is
a generalization of the Hermitian conjugate, similar to the
one described by Pauli in a paper to be published in the
Rev. Mod. Phys.
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the exponential and subsequent integration by
parts

(1) d’l dsl/
I
21!')3 lo lo

doi(l) dpor*(1)
X le: l 61( l, z) | e—i( 1, z) }
< olw T o

X { pa(1") etV 2 oo * (1) e iV 2}

—sym. (12) ]—sym. (uv)>. (20)
Using

2 )afexp [2(1, x) Jd3x = 6(1)

we find

b € dsl[ { (3<P2(1)
M =—f~— I, _1)e-2itom
p 4 l02 al (pl( )

9 *
+ (p;l(zm(l)-f—compl COI‘IJ)

—sym. (1, 2)}—sym. (/w)]. (21)

The Schrodinger functional € satisfies the
Schrodinger equation

3(69/9x%) = H'SQ. (22)

We look for stationary solutions of this equation
which are correct up to the second order in g. For
that purpose we write

Q=00+ U+t -,

where Qo, Q1, Qo, - - - represent those parts of the
functional with 0, 1, 2, -+ mesons present. The
leading terms of these functionals will then be of
zeroth, first, second, - order in the coupling
constant g.

Let u represent the state of the nucleon which
we choose in such a way that s;u=wu. The spin
then points in the positive z direction. Further-
more, let w represent that state of the field in
which no mesons are present, so that

¢a(k)w=0. (23)
Then we have for Qo=wuw.
We then write the equations for the Q's
1(dQ/dx®) = H'Q,
1(dQ1/dx°) 05 (24)

1(dQs/dx®) = H'Q,
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If we can integrate these equations, we can use
the @'s to calculate the expectation value of
MleMa.

Ma'—‘—‘ Q*M39= 290*M3(1)92+Q1*M30)91

+2Q M50, (25)
since M3 is Hermitian.

It is seen from the last equation that only
terms of zero order in g which occur in Q, will
contribute anything to the magnetic moment in
our approximation. With this remark in mind we
can integrate the equations (24) approximately.

The first one with the help of (22) and (23) reads

. d Q f f dsk( k)~ *(k) itk 2)
’deo 1= =1 Ta 50 g, QCa 4 Uw
or

d*k -
tu=ifre [ (0 WP AW (26)
0
and from this and the second equation of (22) we

get
35/

4 %
129;592=f TaTﬂf Py
dsk )
X f 0 D
azk’

(26)2
_ TaTszf &k
ko' (ko ko') ko?

(0 K) (0,1
X 5 ()35 ()0 44 T

Na*(k')e"‘i(k" 2)

These integrations are only approximately
correct since the operators ¢, and ¢,* are slowly
varying according to (10). But this variation
would lead to a correction term to Qo of the
second order and a similar term in Q; of the third
order. Another term of the second order has been
neglected by including in the expression H'Q,;
only those terms which correspond to two mesons
present. In view of the above remark, we may,
for our approximation, neglect all these terms.
With these wave functions we can now calculate
the expectation value of the magnetic moment.
First we prove that the last term in (25) does
not contribute anything in this approximation.
This term is proportional to

. d’k
U w (210'2—“220'1)f 73‘0—{

sk’
X Taf

ky'?

rap1(K)eitt 2 —sym. (12)}

(0, K) 7" (&)e i Dua,

JAUCH

which is equal to

) a3k
—tu*(2102— 2201) rsf ﬁ(a, k)u cos (k, N)
0

when we use the commutation relations. The
integral vanishes and therefore

Qo*Ma(z) Q= 0.

Of the remaining terms let us first calculate
Qu* M 5Q, = M ;! We notice at once that only the
part in M3 which contains an emission and an
absorption operator can give a contribution to
this expression. The remaining part may be
simplified by adding to it the expression

]
(ke
6k1

which vanishes when integrated over k space. In
this way we obtain for the part M;' of M; 15

w2 o

9
kr‘—‘) {¢1*¢2+ 501502*}
ok

dea*(k
+ o2 ak( ))—sym. <xy>],

— e d3k d3k'
It = futotrary (=
(27)

—(0, k) (o, k')
3] o(1
X gith—H", z);a(k)f%[l,,(m*(l)a‘p <

k 2 k /2
al,
asoz*(l))__s m. (x )]
ol ym. (XY

z

+e1(1)

X oa* (K ) uw.

This expression may be simplified by using the
commutation rules (11). We have

asoz(l) 3802*(1)
ol +e1(1) oL )

otraria)| L (2240
—sym. (xy)]?aa*(k’)w
= lo I, { 6(k—1 9 o(1—k’
_[( (k=150
——B(I—k’):;;—a(k—l) —sym. (xy)] cos (I, \),

15 In order to avoid ambiguity we have put p=x, v=y.
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so that after a partial integration!¢

— dsk
MaI = —1:f2u*73f 'k—4{a’1kz—0'2k1} (0, k)u COos (k, )\)
0

If we choose a special coordinate system for
which the space part of \ is zero, we may first
carry out the integration over the angles and

obtain
— 87 kB\*
M3’=——f2u*73uf(_) cos kolodk.
3 ko

The integral may be evaluated in the following
way

k 4
f(;e—) cos ko)\odk:f cos kohodk
0
f kot—k*
kot

The first integral is zero in the limit \¢=0, as is
shown in the appendix, and for the second we get

—(37/4)u, by going to the limit \¢=0 before
carrying out the integration so that finally

Mt =F2r?fren = F (gu)*(e/2p).

cos kohodk.

(28)

The upper sign is for the proton and the lower
for the neutron.

For the calculation of 2Q¢*2/3Q, we need only
to consider that part in M3 which contains two
absorption operators

Loe [d% dorll)
Ms —4fk0[ (“"( AT (12))

—sym. (ay) s,

adl dpa(1)
12[ (‘01( D=

M311 = __,Ef2u*w*,ra,rﬂf

Xe2iba —gym, (12)) —sym. (xy)]

f f ko(kdo:k-lko’) k:( K)(o, k)

X 3t () 5y (00" s,

16 We have dropped terms which arise from the differenti-
ation of the cos-factor and which tend to zero as A goes to
zero and terms coming from the differentiation of the
exponential function which leads to an expression of the
form o132 — 0221 and which is zero after averaging over a.
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Again applying the commutation rules we have

dea(l)

2
u*w TaTﬁI: (<p1( 1) ol

_sym. <xy>]%*(k'> o5 (W)

—sym. (12))

a
= Ziu*ralo2[6(l+k’) (lyb—l——a(l—k) -

d
l,—E o(1— k))
—K)

—l,,:;;—xa(l——k’))] cos (k, N),

I}
—8(14+KN( I,—s(1
n )(”al (

a3k’ dik
”—2¢ef2u*-raff
ko(ko+ko) ko
X (o1ky — a2k1") (0, k) 6(k+Kk')u

=___ef2 f ( ) cos (k, N)dku*rau

=F(gn) 22— (29)
I

The total magnetic moment due to the
pseudoscalar meson field is
My=F2(gu)(e/21)

for the proton and neutron, respectively.

(30)

3. THE VECTOR THEORY

The mesons of spin 1 are described by a com-
plex vector field ¥, satisfying the equations

(Wu—uu=0, 0Y,/dx,=0 (31)
It is quantized according to
82
R (e )
XD(x—x"). (32)

The current is defined in terms of the quantities

Yy and Y= (Wu/ax“) (alﬁ"/ax”)
Su= i(‘l’mﬂ/’” - ¢*v‘pnv)

and the magnetic moment is then again given by
Eq. (4) of the preceding section.

We decompose the field again in the real fields
by

(33)

S P
‘Pu:%('hl—"ﬂbu )s 'p“”_\/Z@"" W)
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We put ¢={¢s}(k=1, 2, 3) and write for the
interaction energy

H'=g(4m)}r4(0, curl){2(2), (34)
with this interaction present the current is
S0 = (V™ = )
+e(@m) o X (Yra—?r) }8(x—2).  (35)

The second part corresponds to the second
partin (8) in the scalar theory. It will give rise to
an additional term in the magnetic moment. A
consideration similar to the one given above will
show that this term does not contribute anything
to the expectation value of the magnetic moment
within the limits of our approximation.

We develop ¢,* and g&:v in eigenstates in
momentum space

a( )_ 1 iﬁé
B =

X g (R)ei? + g, (k)4 2} (36)
and

1 d‘"’k

‘l’uv (x) V_(Z )%f

X { (Rupn(k) — by, *(K)) itk

— (kupo**(k) — by, *(k))e~ ik 2, (37)

Because of the subsidiary condition 8y,/dx*=0
the ¢,%(k) satisfy the equations

(¢% &) =(¢*, k) =0.

From the commutation relations (32) it follows
that

Loue(k), ¢, *8 (k)]
=k° (gw—f—%k,‘kv) d(k—k')6q5. (38)
73

The ¢, ¢,* again are defined in such a way
that they are slowly varying according to

deo,* |
“O =i[H', 9,*].

(39)

JAUCH

For H’ we get from (34) in momentum space

o rdk A
H'=ifr, f (o, [ grDere

— (o, [kXg=De ik 2, (40)

f=g/2w.

The X process is again introduced by defining
the operators ,* and @, ** as was done in the
scalar theory. As before this is equivalent to
replacing the D function in (32) by the D,
function. This alters the commutation relations
(38) in momentum space to

~ ~ 1
Cou(k), ¢v*ﬂ<k'>1=k°6aﬁ(gw+ ;knkv)

Xo(k—k') cos (k, \). (41)
The magnetic moment operator

My =':' f {x,.(ybipxb?"— ‘p:p‘PIP)
— W — U 1) i (42)

may be transformed with a calculation exactly
analogous to that which led to the expression (21)
in the scalar theory to give

M= fd3l<”( 6%“’(1) l<9<pv2(1))

X ¢1p(_1)e—2iloro
de,**(1) 6(;,,*2(1))
Ly —1 to(1
+( PYP P Py (4 ( )

~+compl. conj.]—sym. (12) } —sym. (;w)>. (43)

The solutions of the equations

i(d/dx®)Q=H'Q, i(d/dx")Q=H'Q, (44)

corresponding to the solutions (26) in the scalar
theory are then

Q():u(:),

(45)

. d3k - '
Sh:zfraf -k—~2—(o, [kx ¢*a])e—t(k, Dy,
0
d3k
— (o, [kX ¢*=])

Qe — fir f__
2 f TaTg ko(ko‘*“ko’) k012
X ((,, [k'x ¢*ﬂ])e——i(k+k', Dy,
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The part Mj! corresponding to (27) is

M : o ff a3k d3k’
:-—g N -
Ww¥raTg bt bt

adl

l2

a(pp*2 ago*Q)

x| (1,221 2 1p
{[(”azz A

~+compl. conj.]— sym. (xy) }

X (@, [kX $=])ei—+"

X (0, [K' X ¢** Ducs. (46)

Writing
(o, [ng”‘]) = —ic,0krps®  (175)

we can simplify the expression (46) considerably
by using the commutation rules (37)

9, *? a(py*z)
—w* a T skrks sa l "l Lo
W T oTRO 1O @ {[( y—alx o ol @
~+compl con’] sym. (x )} ke on*8 7S
. S Rend . g0 w
P ) Yy V) [ O10rRE @h t£h
1 0
= —2Ta7ﬂ0'70'sk7k0{|:ly6a2(5sp+ﬁkskp)a—lz
1 i}
X6(k—l)—l,,Bod(68y+—ksk,,)—6(k—l)]
u? al,
1
Xloéw(aph-f—*;lplh) —sym. (xy)}
I
r#F
X601~k ) wak ! cos (kb N). "
t#p

After multiplying with
(d?k' /o) exp [¢(k—F,2)]
and integrating over &’ we get by using
> o,o5kks=0

r#s

k ]
2m<arkr>7°[ (1os=L0) o361
0 z

) r#p
—sym. (xy) |e*=42 cos (k, \),
t#p

so that (46) becomes

_ &k &l
eifns [ 22 ok )[(zya,, Loy (ed e,

010

Xiﬁ(k—l) —sym. (xy) ]e“"“" 2 cos (k,N). (47)

dl,
rFp, tFp
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Integrating by parts over 1 first we get a term
from the differentiation of 1/1;* which, however,
is zero just as in the scalar theory because it con-
tains a factor a0,ld,=0 since t#p.

The other part gives a term

(02ka+-03ks) o2 (o2ke+osks)on
— (o1k1+osks)o1(o1k1+o3ks)os
+ (01k1+o2ks) (Rsos—kea3) o103
— (01k1+02k2) (k31— k103) 0205,

Most of these terms will give zero after the
integration over the angles. The only term
different from zero is

‘ida(k12+k22) H

introducing this in (47) we get

— 8 kE\*
M;;I = ;tef2—3— f('k—‘) COSs ko)\odk = :f:27r2ef2pt.

0

The term M is

_ d3 d3k’
M= —eru*w*‘rargff —
ko(kotko') ko'?
de,

A as 2 9t
X g ik, z)f _[ (l ~TP ___)
2L\ "o, ol

X gt ~De-tibn—sym. (zy)|

X (o, (kX *<]) (0, [K'X $*5]).

A calculation similar to the one above leads to

» [

kO(k0+ 0) 0

X[(lZap_lpo'2)(a-[ ll)a‘;—*&(k—l)
aly

r#Ep
—sym. (12) | cos (&, N).
ym. (12) | cos (k) o

In comparing this with (47) we find that again
we have

M U= F2r%fu,

so that the total magnetic moment in the vector
theory is

]l—ja‘—‘ﬂsr—f']\—/}al[: F2(gu)2(e/2u).
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The upper sign is for the proton and the lower for
the neutron. This is the same result as for the
pseudoscalar meson.

4. A VECTOR MESON WITH AN ARBITRARY
MAGNETIC MOMENT

The Lagrangian for a vector meson field is not
unique insofar as it is possible to introduce terms
in the Lagrange-function which are proportional
to the external electromagnetic field.!” Such a
term makes itself felt in an altered expression for
the current density and consequently a change in
the magnetic moment. The additional current
density is

J
S,' = iK—'(‘pﬁ*V’M - \1/“*%;) ’ (48)
ax,

where K is a dimensionless and arbitrary con-
stant. The change in the magnetic moment
operator is then from Eq. (4)

My =ieK f (B Yo— YY) do
=aKijwfﬂ¢xm%wx

dk |
='§‘er*,;—25[(tpul(k)soﬁ(——k)e—mm
0

+ ¢,1(k) 0,**(k)) — compl. conj. ]

—sym. (u)}. (49)
We have, therefore,
— d3k d3k' ~
M =2eK fru*w*rerg | — —— (o, (KX $%])
k02 k0/2

‘ sl ‘
X0 [ o) )
lo?
X[o, [k'X ¢*F Duw,
4 k\*
- 26Kf2u*1-303—— f (") COs (ko)\o)dk
3 ko
=+K(gu)*(e/2u). (50)

17 See H. C. Corben and J. Schwinger, Phys. Rev. 58, 953
(1940).
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A similar calculation for M3 = 2Q¢* M40, leads to
the same result so that

My = Mg+ M = £2K (gu)*(e/2u).  (51)

The total magnetic moment in the vector
theory is then

M= +2(K —1)(gu)*(e/2n)

for the proton and neutron, respectively.
Taking the two theories together and assuming

for the vector meson twice the mass of the scalar

meson, but the same coupling constant, we find

M==+2(gu)*{2(K—1)—1}(e/2u)  (53)
for (gu)*~0.1, u~7m, K~2,
M~=2,

(52)

for the magnetic moment of proton and neutron,
respectively, due to the meson field only. If we
add to that the magnetic moment of the nucleons
(0 for the neutron and +1 for the proton), we
find agreement with the experiment within the
limits of our calculation.

This problem was suggested to me by Professor
W. Pauli of the Institute for Advanced Study. I
am very grateful to him for his generosity in
taking time for discussion and helpful advice.

APPENDIX

The integral I= j; cos kohodk may be evaluated in the
following way. With the substitution & =ui sin vAou =, we
have

i (e
_Z ~to0

For the second integral we substitute v by =—uv.
s +ico .
I=%’7{f . Cos ve'® °08 Vdy |-
—iw

The paths of integration have to be taken in the regions for
which Im(cos v) >0, in order to secure the convergence of
the integrals. They may be chosen in such a way that the
contribution from the branches leading to infinity cancel,
and we are then left with the expression

I cos v(eia cos v+e-—i¢x cos %) dy

—doo--1r

cos peta cos "dv}.

4ioo4 T

__Z/f 2 i COS v __:_i"_ H =
r=-4 j; cos ve dv=—J-Ti(@)  lim I(@)=0.



